ABSTRACT. Properties of abelian groups related to a given finite rank torsion free abelian group A ate analyzed in terms of End (A ), the endomorphism ring of A. This point of view gives rise to generalizations of some classical theorems by R. Baer and examples of pathological direct sum decompositions of finite rank torsion free abelian groups.
Basic references are Fuchs [8] and [9] for general properties of abelian groups; Reid [l5] for quasi-endomorphisms and quasi-decompositions of torsion free abelian groups; and Lambek [12] or Bass [3] for general properties of rings and modules. It is easy to verify that 9A: TH(A) -» A and cpR: R -» HT(R) ate isomorphisms (regard R as a right R-module). Clearly T preserves direct sums.
Furthermore, H(2 © G¿) = Homz (A, 2 © G.) a; 2 © Homz (A, G{): since A has finite rank, the image of A under a homomorphism into 2 © G. is contained in a subgroup generated by finitely many G.. Consequently, if G is
A-free then H(G) is a free R-module and if M is a free R-module then T(M)
is A-free. In these two cases 6G and q>M ate isomorphisms. are not comparable. As in the proof of Theorem 4.5, Aj n H2 = A2 n //j = 0, so it follows that A, and A, are quasi-isomorphic, hence isomorphic, since both Aj and A-are rank 1 groups.
(b) is now a consequence of (a) and Theorem 4.5.
5. Groups of rank 2. A torsion free abelian group is homogeneous if any two pure rank 1 subgroups are isomorphic. 
